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Surface Patch Reconstruction From
“One-Dimensional” Tactile Data
Yan-Bin Jia and Jiang Tian

Abstract—This paper studies the reconstruction of unknown curved surfaces through finger tracking. A patch can be generated from tactile data
points along three concurrent surface curves under the Darboux frame estimated at the curve intersection point. Surface fitting while minimizing the
total (absolute) Gaussian curvature effectively prevents unnecessary folds
otherwise expected to result from the use of such “1-D” data. The implementation involves a two-axis joystick sensor, a three-fingered 4-DOF BarrettHand, and a 4-DOF Adept SCARA robot. Experiments have demonstrated good accuracy of reconstruction.
Index Terms—Contour tracking, shape reconstruction, surface fitting,
total Gaussian curvature, touch sensing.

I. INTRODUCTION
Objects with curved shapes are ubiquitous in our lives, from small
ones such as pens, computer mice, or teapots to big ones such as chairs,
cars, or airplanes. The differentiability of a curved shape allows smooth
integration of kinematics, dynamics, and control, which paves the way
for skillful maneuvers by a robot hand [13].
The human hand can often feel an unknown shape by moving the
fingers across its surface. A robot hand with touch sensing capability
should be able to accomplish the same. The difference is that the human
hand can control its motions smoothly (and freely) based on its sensations. In addition, the number and density of tactels on a finger or the
palm of the human hand far exceed what can be fabricated into a tactile
array sensor with which a robot hand is equipped.
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Shape reconstruction has traditionally been carried out by a vision
system or a laser scanner. For example, many off-the-shelf laser scanners can produce global shapes efficiently with high accuracies (in hundredths of a millimeter). However, vision and scanner systems suffer
from occlusions due to viewing angles and shape concavities. In a task
like dexterous manipulation that requires close contact, the robot hand
needs to determine the (local) shape in touch before or amid a maneuver, but the target area is usually occluded from the camera (by the
hand itself). In addition, the lighting conditions may change during a
task, and the background information may be distracting and difficult
to filter out. The quality of range data also deteriorates in the presence
of a motion. Although vision has been integrated with tactile sensing in
tasks like object recognition and grasping [1], its usage is rather limited
in other tasks such as in-hand dexterous manipulation [38] and perception of fine surface features [24].
Touch sensing is often the modality of choice in a task that heavily
depends on the local shapes of the object surrounding the finger contacts. Tactile data usually reveal enough about the local geometry of
contact for the execution of the task [4], since for them, occlusion
ceases to be an issue.
In this paper, we demonstrate that the local shape of a three-dimensional (3-D) object in contact can be estimated using “one-dimensional” (1-D) data, namely, points sampled along three concurrent
curves on the surface. The reconstruction is carried out by first recovering the differential geometry at the curve intersection point and then
by fitting over the data under some geometric constraint. Compared to
mechanical probing, curve tracking is a much more efficient physical
operation to perform.
Besides the use of minimal data, the proposed reconstruction scheme
has the ability to model general curved shapes (at least locally) with
no constraints on the principal curvatures. Existing tactile recognition
and reconstruction methods primarily use 2-D array data [1], [2], [18]
with longer acquisition time. Some of them either assume special geometry (e.g., planar, polyhedral, spherical, cylindrical, or generalized
cylindrical) of the objects [18] or show experimental results only on
such objects [43].
Our experimental setup is a two-axis joystick sensor attached to one
finger of a 4-DOF BarrettHand, which is mounted on a 4-DOF Adept
Cobra 600 manipulator. The Adept’s high positional accuracies1 allow
us to simplify tracking control and focus on reconstruction over contour
data. Good accuracies of reconstructed patches have been demonstrated
experimentally by matching against mesh models of the same objects
generated by a commercial 3-D scanner.
Besides grasping and dexterous manipulation, our tactile reconstruction method may be applicable in robot-assisted surgery where details
of a defected bone are sometimes occluded from a camera. Other potential applications include robotic planetary exploration, modeling of
manufactured parts, and even rock climbing. For instance, in a situation
like cave exploration where a camera will not work well due to occlusions and dim lighting conditions, a robot may have to rely on touching
and fumbling to feel the rocks around in its search for a path.
In Section III, we describe a canonical polynomial representation of
a surface patch under the Darboux frame estimated at the intersection
point of three data curves. Each curve is generated by tracking the surface with a joystick sensor while constrained in a separate plane. The
idea is to reduce the physical component of 3-D reconstruction into
multiple subproblems of 2-D contour tracking.
Section IV describes a surface fitting algorithm that takes the insufficient “1-D” tracking data and simultaneously minimizes the total absolute Gaussian curvature of the surface function. Section V discusses implementation issues and presents some reconstruction results. Finally,
10.02

mm in the x- and y -directions and 0.01 mm in the z -direction.
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Section VI discusses various aspects of the presented research and outlines the future effort.
II. RELATED WORK
This paper is about reconstruction of curved surfaces. The physical
operation involves tracking with a touch sensor under hybrid control.
A surface patch is obtained through fitting over the tracking data in a
local frame that is set up via estimation of principal curvatures.
A. Contour Tracking
Hybrid position/force control, originally proposed by Raibert and
Craig [42], has been a favorable implementation strategy for tracking.
Independent position control and force control are applied along unconstrained and constrained directions, respectively. Khatib and Burdick [31] later incorporated the dynamic coupling effects of motion and
force equations at each robot joint.
De Schutter and Van Brussel [15] investigated tracking of unknown 2-D contours with constant tangential speed and contact
force. Demey et al. [14] employed a 6 degrees-of-freedom (DOF)
force/torque (F/T) sensor to carry out tracking of 2-D contours with
known models. Oscillations during tracking were compensated by
Jatta et al. [26] through the addition of a normal velocity feedback
loop. Without resorting to direct force control, Lange and Hirzinger
[32] enhanced second round contour tracking by transforming readings
from an external F/T sensor into desired locations for position control.
In practice, contours (and motion constraints) are often unknown,
and can be guided by a vision system [3]. Xiao et al. [51] also used
visual guidance fused with hybrid position/force control to follow a
trajectory (specified in the image plane) on an unknown surface.
B. Curvature Estimation
Methods for obtaining principal curvatures from normal curvature
estimates have been developed mostly over dense range data [11], [23],
[47] to better deal with noise. They are not robust when applied to
sparse tactile data.
Analytical methods [21], [45] for curvature estimation generally fit
over range data in the neighborhood of some point of interest and then
obtain the first and second fundamental forms through differentiation.
In [20], the principal curvatures were obtained through an initial fitting
followed by an iterative minimization over their variations, as well as
the variations along the surface normal and principal directions. Discrete methods based on surface triangulation such as in [33] may suffer
from large estimation errors due to loss of differentiability.
Fearing and Binford [19] employed a cylindrical tactile fingertip
mounted on the Stanford/JPL hand to estimate principal curvatures
on quadric surfaces. In [30], curvatures, torsions, and their derivatives
were estimated at points on one or two curves embedded on a surface,
and based on them, differential invariants were derived for recognition
of special surfaces. Smoothing of a planar curve was achieved through
curvature minimization in order to extract segments at multiple scales
for recognition [16]. In [25], two rounds of local fitting over tactile data
from a 2-D shape were applied to robustly estimate the curvature and
its derivative with respect to arc length.
C. Shape Reconstruction
In computer vision, shapes are often represented implicitly using
polynomials generated via least-squares fitting, mostly for the convenience of operations such as inside-outside testing, handling of
noisy data, and computation of algebraic invariants for recognition
[28]. Polynomials of even degrees are often used because their level
sets are bounded, which is not the case for those of odd degrees [48].
Typically, a subclass of quartic polynomials is chosen and constraints
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are incorporated into least-squares formulations [29], [46]. Multiple
level sets may also be used to further constrain the fitting, as in the
case of the 3L algorithm [5].
Shape reconstruction using touch sensors has been studied by a
number of researchers in robotics. Montana [37] derived a set of
differential equations governing contact kinematics and employed it
to estimate the local curvature of an unknown object under rolling
contact with the robot finger. His contact equations were later used in
[12] for measuring principal curvatures and directions from tactile data
for motion control under rolling and sliding contacts. Bicchi et al. [4]
considered shape reconstruction of an unknown object during rolling
manipulation by a dexterous gripper.
Allen and Michelman [2] employed a Utah-MIT hand to obtain
sparse contact points around an object and then fit a superquadric
surface to the data as the reconstructed shape. An active sensing
strategy was proposed in [10] to reconstruct local shape as a second
order polynomial over dense tactile array data and servo the robot motion based on such shape information. The work by Charlebois et al.
[9] involved the use of a B-spline over position, as well as normal
data. Ellis and Qin [17] studied shape recovery from the strain on a
tactile sensor, formulating it as an optimization problem solvable by
the Levenberg–Marquardt method. Moll and Erdmann [36] showed
how to simultaneously estimate the shape and motion of an unknown
convex object from tactile readings on multiple manipulating palms
under frictionless contact.
Over dense 3-D point data, triangulation [6], [34] is effective in
constructing a model that reflects the correct topology of the original
object.

III. PATCH ON A SURFACE
In the remainder of the paper, we will demonstrate that surface
patches can be reconstructed rather accurately from seemingly insufficient “1-D” data generated by finger tracking. We employ the tracking
subroutine from [35], which can reliably generate high accuracy2 2-D
contours.
A. Approximation in a Local Frame
We begin with some geometric basics that are needed for the task.
Let p be a point of interest on a curved object. We would like to obtain
some description of a local area, or a “patch,” surrounding p on the
object’s surface. The following assumption is made.3
A one-to-one correspondence exists between the patch to be
reconstructed and its projection on the tangent plane at p.
Under the assumption, we need only consider a Monge patch which
has the form  (x; y ) = (x; y; z (x; y )). Here, we let z be approximated
by a polynomial 0i+j d aij xi y j , where the degree d is chosen to
reflect the geometric variation in the target area.
Set up a local frame at p with its xy -plane aligned with the tangent
plane to the surface at the point, and its z axis aligned with the outward
normal n . Any plane through p that is normal to the tangent plane will
intersect the surface  at a curve (at least locally). Its curvature n
at p is the normal curvature of  in the tangent direction where the
two planes intersect. It is well-known that n achieves its minimum
and maximum (in case they are not equal) in two orthogonal tangent
directions that are called the principal directions, denoted by d1 and d2 ,
at p. These two extrema are the principal curvatures 1 and 2 in d1

6

0:1 mm according to measurements.
assumption makes connection to a coordinate patch, which is a
to
([39, p. 124]).
one-to-one and regular mapping from an open set of
2within
3The

Fig. 1. Tangent plane at the reference point p of sampling.

and d2 , respectively. The product K = 1 2 is the Gaussian curvature
at p.
The normal n and the principal directions d1 and d2 form the Darboux frame under which the local surface patch is shown [27] to take
the form

z(x; y) = 21 (1 x2 + 2 y2 ) +

3i+j d

aij xi yj :

(1)

Note that the principal curvatures of z (x; y ) will stay as 1 and 2
regardless of the higher order terms.
To reconstruct a patch surrounding p, we intend to fit the form (1)
over tactile data. Fitting is facilitated with the choice of the Darboux
frame under which the coefficients of all subcubic terms are known.
The tactile data are specially arranged so we can estimate the principal
curvatures and locate the principal directions.
B. Solution of Principal Curvatures
We estimate the two principal curvatures 1 and 2 at the reference point p from normal curvatures in different tangent directions.
The angle  between one of these tangents and one principal direction
also determines the other principal direction due to their orthogonality
in the tangent plane. So there are essentially three unknowns: ; 1 ; 2 .
This suggests that we need to measure at least three normal curvatures,
say,  ;  , and  in the tangent directions t ; t , and t (shown in
Fig. 1), respectively. How to measure these curvatures will be described
in Section III-C.
The two principal directions are d1 and d2 . The angle  is from d1
to t , while the angles 1 and 2 are from t to t and t , respectively.
Here 1 and 2 are easily determined from the tangents. The normal
curvatures can be expressed in terms of the two principal curvatures
[41, p. 137]





= 1 cos2  + 2 sin2 
= 1 cos2 ( + 1 ) + 2 sin2 ( + 1 )
= 1 cos2 ( + 2 ) + 2 sin2 ( + 2 ):

(2)

From (2), we obtain

 0

= (cos(2) 0 cos(2 + 21 )) 1

 0

= (cos(2) 0 cos(2 + 22 )) 1

1 0 2
2

(3)

2

(4)

1 0 2 :

In the special case that  =  =  , two possibilities arise.
a) 1 = 2 . So, the reference point p is umbilic with constant
normal curvature. Every direction in the tangent plane is a principal direction. We arbitrarily choose two orthogonal directions
as d1 and d2 .
b) 1 6= 2 . So, cos(2) = cos(2 +21 ) = cos(2 +22 ), which
implies 1 =  , 2 =  , or 1 0 2 = 0 or  , namely t =
0t , t = 0t , or t = 6t . This situation can be avoided by
measuring normal curvatures in noncollinear directions.
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Fig. 3. (a) Broken plastic bottle and (b) its reconstructed neck region by fitting
under no constraint.
Fig. 2. Data curve

lies where the sampling plane 5 intersects the surface.

In the general case where  ;  , and  are not all equal, one of
the curvatures must be different from the other two. Assume that it is
 . A few more steps of manipulation on (3) and (4) yield
tan(2 + 2 ) =




0
0

1

0 2 )
0 cos(1 0 2 )

sin(1
sin 
sin 

from which we obtain  and thus the principal directions. The Darboux
frame is now determined. Substituting ; 1 , and 2 into two of the
equations in the system (2), we can solve for the principal curvatures
1 and 2 .
Chen and Schmidt [11] used least-squares fitting over more than
three normal curvatures estimated less accurately. The method by
Taubin [47], though more robust than ours, requires dense range data.

It is time to look at how to determine the tangent plane and measure
three normal curvatures at the reference point p. We use a touch sensor
to track the surface, while constraining the sensor motion in a plane
through p, which we call the sampling plane. This is a planar contour
tracking problem except the plane is arbitrarily oriented rather than
horizontal as studied by many researchers [14], [15], [26], [32]. The
tracking data are discrete points along the intersection curve of the
sampling plane and the surface (see Fig. 2). The description of is,
of course, unknown just like the shape. For convenience, we identify
these data points with the curve and called them the data curve. Then,
we fit a quadratic polynomial over those data points very close to p to
estimate the tangent, say, t and the curvature 0 at the point.
Similarly, two other data curves and through p lying in different
sampling planes are obtained. We again estimate the tangents t and
t as well as the curvatures 0 and 0 .
The surface normal n at p is obtained through optimization
min (n

1t

2
) + (n

min f (a)

a

where

1t

2
) + (n

1t

2
) :

With n known, the tangent plane 5 at p is determined.
The vectors t and n define a normal plane through p that forms
an angle  with the sampling plane 5 . By a result from differential
geometry [4, pp. 127–128], the normal curvature in the direction t is
 = 0 cos  . Similarly, we obtain the normal curvatures  and
 in the directions t and t , respectively.
IV. SURFACE PATCH RECONSTRUCTION
In the Darboux frame formed by the principal directions d1 and
d2 and the outward normal n, we fit the polynomial description (1)
over all the data points (xi ; yi ; zi ); 1  i  n, sampled along ;

f (a) =

1

n

(z (xk ; yk )

n k=1

0 zk )2 :

(5)

Here, f (a) bounds the total squared distance from the data points to
the patch (1) defined by a .
Fig. 3 shows a broken plastic bottle (a) and the reconstructed patch
(b) of the marked neck region. We have sampled n = 57 points (red)
along three concurrent curves inside the neck region. They are displayed in part (b) of the figure. Their intersection point [marked inside
the neck region in part (a)] is parabolic with estimated principal curvatures 00:0423 and 0.0172. We measure the average fitting error

E=

C. Normal Curvature Estimation

knk=1

, and . The degree d of the polynomial is set to be 4.4 Write a =
to include the nine polynomial coefficients, which
are determined in a least-squares sense
(a30 ; a21 ; . . . ; a04 )

1

n

n k=1

jz(xk ; yk ) 0 zk j:

(6)

Although the error is small (0.0461 mm) over the 57 data points, the
reconstructed patch does not nearly resemble the bottle’s neck region.
It has “peaks” and “valleys.” To get a sense of this discrepancy quantitatively, we use 171 points (blue) sampled along nine extra curves
through the same reference point. The average error (6) over these
points then rises up dramatically to 13.0041 mm.
A. Constraining the Fitting Surface
Naturally, we would like the reconstructed patch to look “smooth”.
This patch is assumed to be a “local” one where any drastic changes
of geometry like “peaks” or “valleys” between the three data curves
are not expected. From the bottle example, it is apparent that three data
curves do not provide enough constraints on fitting.
One approach is to generate artificial data points by, say, interpolation, between the data curves, and then fit over all the data. After many
trials, we have found that interpolation simply could not produce satisfactory shapes when verified against extra real data. Artificial data
points tend to shape the surface fit with a bias imposed by the interpolation scheme itself. The areas between the three data curves are just
too large for interpolation using some spline-like functions.
The objective function in (5) for fitting needs to include a term that
can measure the “degree of folding” of the surface fit. We make use
of the total Gaussian curvature, which is defined as the integral of the
Gaussian curvature over a surface patch  :  K dA. Geometrically,
it is the algebraic area of the region formed by points on the unit sphere
that correspond to all normals on the patch [39, p. 290].
4Quartic polynomials are capable of describing a wide range of real objects
so that several subclasses are commonly used as shape models.
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D

Let
be the domain of the surface fit in the tangent plane at the
reference point (i.e., the -plane). Since a patch may be “folded”
many times over a small region on the unit sphere to still yield a small
total Gaussian curvature, we use the absolute value of :5

p

xy

K

D

K (x; y)

j

zx zy dxdy:

1+ 2 + 2

j 1

z

(7)

z dxdy

Here, the area element
is included. The more the
x y
patch folds, the larger the integral (7), and vice versa. The reconstructed
patch in Fig. 3 has total absolute Gaussian curvature 16.6031, which is
too big6 for a small region on the bottle.
Given a polynomial surface fit (1) with the coefficient vector , we
evaluate the total absolute Gaussian curvature (7) numerically. For the
ease of computation, the patch domain
is chosen to be inside a
cubic spline that passes through the end points of the projections of
, and onto the -plane. Discretize
points
into a grid of
( 1 1 ) . . . ( m m ) with uniform spacing . The integral (7) is approximated by
1+ 2 + 2

Fig. 4. New patch reconstructed over the same neck region in Fig. 3 by fitting
while minimizing the total absolute Gaussian curvature.

a

D
D

;
xy
u ;v ; ; u ;v

g(a) = h2

m

1

j =1

h

m

K (uj ; vj )

j

j

zx uj ; vj ) + zy2 (uj ; vj ) :

1 + 2(

1

(8)

n

Patch reconstruction over the data points is done through minimizing the total absolute Gaussian curvature subject to the constraint
that the surface fit should “pass through” these points

g a f (a):

min ( ) +

a

The Lagrange multiplier
B. Minimization

(9)

a

ga
j m
u ;v

a

K (uj ; vj ) 0;
K (uj ; vj ) < 0:
Replace K (uj ; vj ) with j K (uj ; vj ) in the definition (8) of g (a ).
This results in an equivalent function g~(a ) in some neighborhood of
a(l) in the coefficient space. Performing the steepest descent along(l+1)
the
negative gradient
(f (a) + g
~(a )) yields the next estimates a
and (l+1) . If the gradient becomes zero, we have found a (local) minimum of (9). Otherwise, the iterations continue. The initial value of
the coefficient vector, a(0) , is obtained from unconstrained fitting of
(5) over the data points and some onetime artificial points generated
through linear interpolation. The initial value (0) is chosen after sevj =

j

compared to 16.6031 for the old patch. The slight increase in the average error from 0.0461 to 0.0514 mm over the three original curves is
expected because of the extra term ( ) in (9) to minimize.

ga

 has the unit mm02 .

Note that the function ( ) depends on the signs of the Gaussian
curvatures ( j j ) 1   , which could vary from the current
coefficient estimate (l) to the next one (l+1) . To cope with this issue,
at (l) for every grid point ( j j ), we define

K u ;v ;
a

Fig. 5. Setup for surface tracking and reconstruction: (a) Adept manipulator,
BarrettHand, and touch mechanism (encircled), which is enlarged in (b).
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eral trials.
We reconstruct the neck region of the plastic bottle in Fig. 3(a)7 over
the same three (red) data curves from Fig. 3(b), and the result is shown
in Fig. 4. The same nine extra curves (shown in blue dots) from Fig. 3(b)
yield an average fitting error (6) of 0.0859 mm, a dramatic decrease
from 13.0041 mm for the old patch generated by fitting under no constraint. The total absolute Gaussian curvature of the new patch is 0.0329
5Minimization of the total absolute Gaussian curvature for triangulating a
dense data set was introduced by van Damme and Alboul [50]. An NP-hardness
result was given in [8] for such triangulation of a terrain with fixed vertex set
and boundary.
6The total curvature of any closed smooth surface in 3-D is only 4 , which
equals the area of a unit sphere.
7The multiplier  has value 9.99 mm
.

V. IMPLEMENTATION AND RECONSTRUCTION RESULTS
As shown in Fig. 5, the experimental setup includes an Adept Cobra
600 manipulator, a three-fingered BarrettHand, and a joystick-based
tracking device. Here, the joystick8 is horizontally placed and right
below a pivoted lever beam. When a vertical push pin attached to the
beam’s distant end touches a surface, its close end moves downward,
causing the joystick to bend. The contact point between the push pin
and the surface can be located using the combined forward kinematics
of the Adept’s end-effector and the BarrettHand.
The Adept manipulator has four DOFs, same does the BarrettHand.
Nevertheless, only one finger is used in the tracking and it does not
have yaw. So the push pin has only five DOFs. For convenience of implementation, we limit the tracking motions to be in the vertical planes.
While sampling data points along a curve, the system estimates
the current normal direction, and align the orientation of the Joystick
sensor with the normal estimate by rotating the corresponding finger of
the BarrettHand. The tracking motion is made up of small movements
within each of which the robot commands constant horizontal and
vertical velocities. The distance of a vertical movement is determined
based on the force measurement from the joystick.
To determine the accuracy, we match reconstructed patches on
several objects against their mesh models generated by NextEngine’s
desktop 3-D scanner. The accuracy of the scanner is 0.127 mm. Each
mesh model has between 16 000 and 85 000 vertices that form dense
point clouds. The normal at a mesh vertex is estimated by averaging
the normals of its adjacent triangles. To align a patch with the corresponding mesh model, we place its reference point at a vertex on the
model. Align the tangent plane at the vertex with the -plane in the
local Darboux frame at the reference point, and rotate the data curves
about the -axis to find the best match. Iterating over all the mesh
vertices will register the data curves onto the mesh model.

xy

z

8With

frequency 10–100 Hz and force range of 0.196–1.666 N.
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TABLE I
SURFACE PATCHES (BLACK) RECONSTRUCTED SURROUNDING MARKED REFERENCE POINTS ON A SHELL, A WOODEN PEAR, AND A PEBBLE, RESPECTIVELY.
EACH RECONSTRUCTED PATCH IS PRESENTED IN TWO VIEWS: OUTSIDE-IN AND INSIDE-OUT

TABLE II
EUCLIDEAN DISTANCES (MILLIMETERS) FROM THE TACTILE DATA POINTS AND THE VERIFYING MESH VERTICES
TO THE PATCHES (LABELED TAGC) SHOWN IN TABLE I AND THOSE RECONSTRUCTED
BY MINIMIZING THE QUADRATIC VARIATION (QV)

With the data curves registered, the mesh vertices that project onto
the patch domain9 are considered “overlapped” with the patch. The
minimum Euclidean distances from these overlapped vertices to the
patch are averaged. The patch in Fig. 4 is matched against a mesh model
of the bottle neck region. The overlapped vertices on the mesh model
are at an average Euclidean distance of 0.130 mm from the patch. The
actual distance is within 0.257 mm if we take into account the 0.127
mm accuracy of the scanner.
Table I displays patch reconstruction results over three more shapes.
10 The first column in the table lists the three objects with reference
points marked for tracking. The second and third columns present two
views (from the outside and the inside, respectively) of each reconstructed patch (rendered as black point clouds) overlaid onto the corresponding mesh model.11 The data curves are shown in red, while the
Darboux frame in brown. In each view, only the points in the patch that
are not occluded by the mesh model are displayed. Namely, the patch is
9approximated by the region inside a closed cubic spline through the projections of the endpoints of the three data curves onto the tangent plane.
10On average, tracking took 5 to 10 min while fitting took 10 min.
11For display purpose, the mesh models are not shown in their entirety.

the union of the black points from the two views. The color of a vertex
on the mesh model is rendered in the RGB space based on the x-, y -,
and z -coordinates of its unit outward normal.
Table II compares the three reconstructed patches based on the total
absolute Gaussian curvature (TAGC), respectively, with those reconstructed by minimizing the quadratic variation (QV)

D

2
2
2
zxx
+ 2zxy
+ zyy
dxdy

subject to the data constraint f (a) = 0. The above form originates
from the strain energy of a (flat) plate with unit Poisson’s ratio under
small deformations [49, p. 47]. In [22], it is shown to be the optimal
functional for surface fitting over sparse data under several conditions
including rotational symmetry.
The table lists, for each reconstructed patch, its average (absolute)
distances from the tactile data curves and from the overlapped mesh
vertices, respectively. The TAGC patches have slightly smaller errors
than the QV patches in four out of six comparisons, especially, when the
patches are more curved. For each method, the average errors over the
tactile data and the mesh vertices differ by hundredths of millimeters
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only, despite that the number of data points used in the patch reconstruction is at most 3.54% of that of mesh vertices used in verification.
Even if we take into account the 0.127 mm accuracy of the scanner,
this error difference is still within 0.18 mm for each patch.

VI. DISCUSSION
This paper investigates how to reconstruct patches on curved objects from tactile data curves generated by robot finger tracking. Such
a situation arises in a task that involves close interactions between a
robot hand and an object, and where a camera or range sensor becomes ineffective due to occlusions. Potential applications are tasks
from grasping and dexterous manipulation of objects with unknown
geometry to robot-assisted surgery to robot climbing.
Another objective of our work is to understand the minimum amount
of tactile data sufficient for approximating a surface, or at least a patch.
We intend to use only “1-D” tactile data for patch reconstruction. Existing reconstruction algorithms require data points, whether range or
tactile, dense or sparse, to be 2-D arrays or “clouds.” The minimization
of Gaussian curvature while fitting can be viewed as a regularization
technique [40] for solving the ill-posed problem of surface reconstruction. Superquadric or B-spline surfaces such as NURBS are powerful
representations. However, these techniques are not expected to work
well on “1-D” data, as implied by Fig. 3(b).
Several factors affect the size of the reconstructed patch: curvatures
in the reconstructed region and the limit by the fitting form (1). A higher
degree polynomial is expected to describe a high-curvature surface region better, and in general, a larger one as well. More robust tracking
control is needed to maintain data accuracy, The data curves sampled
from the surface do not need to be planar. Even though the objects in our
experiment are immobilized, the reconstruction method can be incorporated into dexterous manipulation, especially under rolling contact
[4], [13], which allow the mapping of tactile data acquired at different
time instants into the same frame.
Probing the surface at a grid of points could possibly lead to a more
robust fitting result or a larger patch area than tracking along three
concurrent curves. However, multiple mechanical probes are time consuming because the robot hand needs to move up and down repeatedly.
Curve tracking is much more efficient, and it mimics the human fingers
moving across a surface to feel its shape.
A coordinate-measuring machine (CMM) can achieve an accuracy
of tenths of a micron. However, it is almost impossible to integrate its
colossal closed-frame structure with a robot hand.
A complicated surface can be represented as a graph, where every
node corresponds to one local patch on the surface and every edge corresponds to the boundary curve between two adjacent patches. Each
patch is described in its local frame that best reflects its geometry. Fitting will be subject to constraints such as smoothness, tangential continuity, and concentricity [7], [44]. Automated selection of reference
points need to be implemented to partition the surface into patches that
reflect its topology. A better approach of obtaining global geometry,
perhaps, is to combine tracking-based reconstruction with a technique
based on vision [1] or range sensing.
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Orchestration of Grid-Enabled Geospatial Web
Services in Geoscientific Workflows
Gobe Hobona, Member, IEEE, David Fairbairn, Hugo Hiden, and
Philip James

Abstract—The need for computational resources capable of processing
geospatial data has accelerated the uptake of geospatial web services. Several academic and commercial organizations now offer geospatial web services for data provision, coordinate transformation, geocoding and several other tasks. These web services adopt specifications developed by the
Open Geospatial Consortium (OGC)—the leading standardization body
for Geographic Information Systems. In parallel with efforts of the OGC,
the Grid computing community has published specifications for developing
Grid applications. The Open Grid Forum (OGF) is the main body that promotes interoperability between Grid computing systems. This study examines the integration of Grid services and geospatial web services into workflows for Geoscientific processing. An architecture is proposed that bridges
web services based on the abstract geospatial architecture (ISO19119) and
the Open Grid Services Architecture (OGSA). The paper presents a workflow management system, called SAW-GEO, that supports orchestration of
Grid-enabled geospatial web services. An implementation of SAW-GEO is
presented, based on both the Simple Conceptual Unified Flow Language
(SCUFL) and the Business Process Execution Language for Web Services
(WS-BPEL or BPEL for short).
Note to Practitioners—Geoscientific workflows are used in several disciplines including for example geology, geophysics hydrology, and petroleum
science. Some of the analysis carried out by geoscientists can now be offered on the World Wide Web using standardized web services. Our study
examines the potential of workflow enactors to support the creation of geoscientific workflows involving web services based on standards of the Open
Geospatial Consortium. An implementation of a prototype is presented and
applied to the analysis of groundwater vulnerability using borehole data. A
sample workflow is implemented using two different workflow enactors and
their distinct languages to demonstrate that the proposed approach is independent of the workflow enactor adopted. The proposed approach could
be used to support collaborative workflows that involve analytical services
provided by multiple organizations
Index Terms—Automation, geographic information systems, geology,
geophysics.

I. INTRODUCTION
Geoscientists use Geographic Information Systems (GIS) in almost
all their data management, processing, and analytical activities. The
development of standards for geospatial interoperability between
GIS is spearheaded by the Open Geospatial Consortium (OGC)—a
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